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’ﬂapdSoon: AsuTépa 12 MopTiou

. Eotw 611 A = {(—o0,x] : x € R}. Arodei€te 611 | 0-&AyePpa Tou Tapdyel 1 A eivar 1) Borel
o-aAyeppa Tou R.

. Oétoupe J yia Ty oikoyévela OAwY Twv uttodlaoTnudTwy Tou [0,1] ke By yia Ty oikoyéveia
OAWV TWV TTETEPOOUEVWV Kol aplBurolpwy evedoewy oTolxeiwy Tns J. Atmodeifte 11 n By dev
elvon o-&AyeBpa. (EAéyEre av To olvolo Cantor aviikel otny By.)

. YmobéoTe 611 ) amekovion p : J — [0,1] (J émws oty &oknon 2) ikavoTrotel Tnv

N N
o <UDn> = Z“(Dn)
n=1 n=1

otav T Dy € J ebvan Eéva. YmoBéote om dtav Ay € J, Apqy C© Ay kan NI A, = & TOTe
iMoo U(A,) = 0. Aodeiéte 0TI av Ta D, elvar §éva olUvoda Tns J Trou 1KavoTroloUv TNy
oo Dp € J 1O71E

’ (EJD) =S uDy).
n=1 n=1

. Eotw 611 Tt F, F g, ... €lvar umoouvola Tou duvapoouvorou P(X) ka&molou cuvdrou X kal
e 0Cn+1~
(o) Av kaBe o), elvan AyePpa SeifTe 0T1 Ko M) olkoyévela UP? o, elvan emrions dAyePpa.
(B) Av x&be F), eivan o-dAyePpa Bei€Tte 0T1L N okoyévela U2 (Fp Bev eivan amapaitnTa 0-
aAyePpa.
. ©étoupe X =[0,1] kot X' ={(x,y) € R? : 0 <x <1, 0 <y <1} (xk&vte oxAua). Emiong
BéToupe
F={{xy)eR?: xeA0<y<1}:Ae L},
omou L n o-&AyePpa Twv Lebesgue petpnotpwy ouvdrwy oto X. Opiloupe P : F — [0,1] pe

P({(x,y)elR2 : xeA,o<yE1]) = A(A),

otou A To pétpo Lebesgue oto X. EoTw 6T1 To P* gival To e§wTepikd péTpo Tmou opileTal amd
To P ka1 Tnv f oto X'. OewpnoTe To oUvoro S C X' e
S={(xy)€R?: 0<x<1 y=1/2}.

loxter S € F; Amodeifte 611 P*(S) =1 ko1 P*(S¢) = 1. AmrogaoioTe av To S eival yeTpnoipo
oUVoAo yla To pétpo Tou divel To P* uéow Tou BewpnuaTos Kapabeodwpt).

. 'Eotw 611 To A eivor To pétpo Lebesgue oto [0,1] X [0,1] (dnAadn opiloupe To pétpo Tou
[a,b) X [c,d) va eivar ioo pe (b —a)(d — ¢), opiloupe pe auTtd e§wTepikd uétpo oto [0,1] X [0,1]
KOl OTT) OUVEXEIX METPO péow Tou BewpnuaTos KapabBeodwpn). Asi§te 611 To ouvolo

A= {(X,y) e [0,1]x [0,1] : y<x}

elvarl peTprolyo kal uttodoyioTe To A(A).



